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Abstract The structure of the radicable nilpotent groups of finite rank with indecompos-
able abelian commutator subgroups is completely determined. More exactly, the following

theorem is proved.
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Let G be a radicable nilpotent group of finite rank. Then the commutator subgroup of
G is indecomposable and abelian if and only if G’ = Q or Q,/Z and G has a decomposition
G = S x D, where

Q12 a1z ai4 - Q1 r41 a1 r42
0 1 0 0 s 0 a2 r42
5= T : ai; €Q 0
0 0 0 s 1 0 Ay 742
0 O 0o .- 0 1 Ar41 r+2
0 O o .- 0 0 1

ifG=Qand S=S51%Sa%---%85,, 5, =85, if @ =Q,/Z. Write S formally as

1 a2 a3 ala -+ a1rq1 b1 42
0 1 0 o - 0 a2 r42
5= S : a;j €Q
0 r 2 biri2 € Qy/Z
Ar4+1 r42
L O 1 -

t
Here D is a divisible abelian group such that D X Q& Q® --- & QP P (Qxr,./Z), where

S
s and t are nonnegative integers, and Q is the additive group of the rational number field,

where 7, (kK = 1,2,---,t) are the sets of some prime numbers such that m; C my C
- C oy, and Qn, = {2 | (m,n) = 1, m € Z, nis a positive mp-number}. Moreover,
(p,7;8;m1, T2, -+ ,T¢) IS an isomorphic invariant of G, that is to say, if H is also a radicable

nilpotent group of finite rank with indecomposable abelian commutator subgroup, then G
is isomorphic to H if and only if they have the same invariants.

Keywords Nilpotent group, Locally cyclic group, center, Commutator sub-
group, Radicable group
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