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RE & S ={s1,52, - } RIEEHUTH, o BRIELH, 4 Sa = {|as1], las2], -}, H [z] FHER
N « MRIEE. WFF So FTERE S MTFHFF. @ X Us = {a | o BERHFTE RS K
BRI T ARR A So FHRANIRIAIM }. 2013 4, #idBuH Hegyvari #9458, Chen fl Fang
TEMIT: 4 snt1 < ysn WP T KAV n B0, Hd 1 <~y <2, H Us # 0, W p(Us) > 0,
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TR EUTH A, & P(A) i A FHERANE IS EE. FRaH, 24
A BAEERE, H P(A) = 0. # P(A) BBES TR L4 KHBELL MIEATHR A &880
WS = {s1,s0, -} BIEBEUTFH, o BIETEL 2 So = {lasi], [asa], -}, HA [z]
TR RN « R KBEEL WFS S, FTLE U S T HFS. JATAER & r A 15
So TERABILE . X Us = {o | o ZEEH So 5645} 1995 47, Hegyviéri iERA T T~k &
.

Hegyvéri E¥ (I [1]) WEBEHUFI S = {s1 <so < FWRE im (sn41 —s0) =
+00 H. spp1 < ysn METAE I KREER n oL, HF 1 <y <2 F Us # 0, W u(Us) > 0,
HAr 1(Us) J& Us #9 Lebesgue B

2013 4F%, Chen fil Fang ZERFAF lim (sp41 —sn) = +oo0, WEH T T HKY 2 2L

EE A (W [2]) BIEEBUFS S = {s1,52, -} BB snt1 < vsn MPHFIHIREE
fﬁ[nﬁf{;ﬂ:, ,E\:':F' 1<’Y<2. %Us#m, )rlIJ,u(Us)>O.

SO, FATUER T 3 B3R i s .

EIE 1.1 BOEBEEUFH S = {51 <s2 <} BB snp1 < 25 — fsn) MPIAERLSKR

HIEER n BOL, HeA f(2) > 0 BARTS lﬁﬁilﬂﬁi‘ ¥H f(x) = +oo. # Us # 0, N
1(Us) > 0.
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AR, FATHR L LT AR

B 11 BIEEEFH S = {s1,52, - } TR sn1 < 2sp, METE A KIIER n i
3. 7{:‘;‘ Us 75 @, Dl'J (Us) > 0.
XFHRGER, 722 3C [3-10].

2 FHE 1.1 #9iEHA

513 2.1 (W (2, 512 2.1]) EHR—MERALEFS] S PERETEIFZR, M 1(Us) >
T2 1.1 §93E8H 4 fi(x) = min {f(z), 32}, N
Sn+1 < 2571 - f(sn) < 25n - fl(sn)

AR—MetE, "k f(z) <
M5 2.1, ATRA#E— iﬂ%%mx Jim s, = 4o00. # limsup(s,1 — sn) < +oo, AIUSH

n—r oo

3C 2] HEYIERE. [, f)u@ﬂ%%fﬁ lim sup(s,41 — $p) = +00.

% o e Us. M3 Us W& CATHN, FIEREE b > 2, 1% n € P(S.) XETEEE
n = k YA EEE] imsup(snpr — sn) = +00, lim s, = +00, Erf f(x) = 400, A

Snt1 < 28n — f(sn) MEE T RETBE n 5L, IIFFE— P IEREEL no, (15
min{a(sng4+1 — Sny) — L, @f (Sng ), @Sne } >k + 2 (2.1)

H
Snt1 < 28p — f(sn) MIE n>ne PIMAL

1<r51n1£1n0{ lasm] +1—aspy}

0= ,

Sng

N6 > 0. FHE, FEEE
lasm] < aspm < B8m < asm + 08, < asm + 08p, < |asm| +1,

AL XA B e la,a+0), B (asm] = [Bsm] MED 1< m < ng BRI

BTk, IEH [0,a+0) CUs. & B € la,a+6). ATFHRFENR: MIrE n >k HHE
n € P(Sg). REABAL, & N 215 LR anfE A B AL B/ NEEL

N —k < |Bsn,], W (2.1) 715

N <Ek+ [Bsng] =k + [asn, ] < k4 asn, < aspgt1 — 1 < [aSng+1]-
M, N #E P(So) MEHE G —TIAEL (asy, |, NTT N € P(Sg), §HTE. HI,
N —k > [Bsn, |- & m ZH1%
|Bsm] < N —k < |BSm+1] (2.2)

FESL R, T m > ny.
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THIENTZER 1.1 FRBEER. EER smi1 < 28m — f(sm), B
BSm+y1] +k < Bsmi1 +k < 2B8m — Bf(sm) + k
<2[Bsm]) — (Bf(sm) —k —2)
<2[Bsm],

Ha g m— I ASEXTT o (2.1) 5L Bf(sm) = of (sne) > k + 2 F3H.

EE (2.2), F [Bsm] +k < N < 2|Bsm], Bl
k<N —[Bsm] < |BSm]-

MTE[ il N #E XK B > asy, > 1 15 H

.
EE

i}

N — | Bsm] € P(Sp).
| N — [Bsm] < |Bsm], B N — |Bsm] T& P(Sp) S fEFH WG —THAELL [Bsm],

N = (N = [Bsm]) + |Bsm] € P(Sp),

5 N WESTE. WK [o,a +6) C Us, T w(Us) =6 > 0. FFE 1.1 5.
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Note on the Completeness of Perturbed Sequences
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Abstract Let S = {s1,s2,---} be a sequence of positive integers and « be a positive real
number. Denote S, by the sequence {|asi], |asz], -}, where |z] denotes the greatest
integer not greater than x. This sequence S, can be viewed as a perturbed sequence of S.
Let Us be the set of all positive real numbers « such that all sufficiently large integers can
be representable as the finite sum of distinct terms of S,. In 2013, by improving a result
of Hegyvari, Chen and Fang proved that: if s,4+1 < s, for all sufficiently large integers n,
where 1 < vy < 2, and Us # 0, then u(Us) > 0, where u(Ug) is the Lebesgue measure of Ug.

This paper obtains a stronger result.
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