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15 (S2) N2f¥ (o) = =d1. 14>(fft(w)* Sm)N”f”(w) — Df"r () N*f (2), 2)
- fY(S2) = =f*@Sz) N, L’(‘”) +fr (Sm) N2f*"(2) :
, =<D® >dpcf @)X, t* (&) + Df* (@) nefe (x)
(1:40) _ k f('(w) Af(x)f(’b) 0 - '
= ZE w—ff (@)~ Aﬂ(z)f ("') o (ff ; (W)+Af<(z)f (’l'))
-—Sw—f(Sf‘(o;)) =<1.0550, " - "

(1.41) - fOf @) =0.

ik - E=f@= ff‘(f(fv)) <1 09>f (w) —f (@) =0.
(1.42) fr(f@)=0."

i Z=ff(f@)=f@) = <L 19y f (@)=~ (@) =0.

(1.43) f"(f(fv)-l-y)N (ftj—ﬁzf(%)) =f"(fS) =9 N (y—Axf(%))

- —fuN(y Aa;f("’))

E= [f(w)-*-y ff‘(f(w)+y)]N(y—-A¢f(@)) RRGRI R
—¢0.06';1.10) [ f (@) +y=f (@ IN (=4 f(®)) =yN (4= af(@)),
= [ (Sw) =) = (f(82) =) 1N (=4 ()
=0.06'31.28) [f (S2) = (f B2y <9)IN . * -
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3B,

N(y= zf(’l')) [y~ (y—fCSw))]N (Y=+4:f (@) - -
‘ o =l G Af @) =8 (@) IN Y+ 4, £ ()
—<0 02) [y= (0~8f (@) 1N (y=4 zf('b)) yN(y— zf('b))

. 44) , B (@) = £ (a)

E 2=+ () =0) = £75(0) + (@ £75(2)) = <1285 £ (a) 40— f.
(1.45) F@N GO0 1§ ¥ (7 ©)~a).

iE

fH= (ff‘(Sx)—S<v)N_(f(0) =) SR
=13 [f (8f (@) =821 N (f(0) ~2) =25,
(1.46) Ef’(w)’* Aﬂa)f‘(*i)]N(f (0) *w) =0,
. .
ZE= [f(Sf‘(fv)) Sw—df«mf('b)]N (f(0)~w)
= LA (@)D + 8450 f (1) (@48 dyay f (6)) T N (£.(0) ~w)
‘ =(F(F @) =a)N(f(0) ~2) =<1. 24>(f(0)—w)N(f(0)-w) =0,
(1.47). Lf"@=fO1N (w—f(O)) 0, ‘
Z= (ff‘(w)—w-f(o))N(fv—f(O))
=<1. 15>(f(0)—w—f(0))N (@£ (0)) =0N (@=f(0)) =0,
(1.48) . Ef"(w) *dyon f (@)]N”(fv—f ©0)) =0,
i
o ZE(Sw) [f"(Sw) = dyn f (@)]N (O =a)
=<1 45) [f7(@) = dyor f @)1V (£ (0) =) =<1, 460,
- %&(0) =0,
(1.49) [/ (®) = doscorf @)IN (£ (0) = Do) =0,
E ZO)=[f0=(¢)IN(fO) = [0 (-+)]1Nf(0) = ONf(O) 0,
22 (S2) =<1.22) [ (8) = L f () 1N (f (0) =) = {1.45; 1. 46)0,

@.50) - - SI@N (25 (0)) =0,

iE &= (o= ff*@)) N (z=f(0) ) = <1.25)0,
(1.51) J (f () +Azf @) =0,

iE

ZE f(Sf‘(f(w)Maf(z))) S(f(”)+4zf(7'))
_ =LA fS2) = f(8z) =0,

@€.52 . _ I (f@) =4,fG). : -

IE 2% =1 (SF(F @))) = =8f (@) =f (8z) ~ Sf(w) Azf("') :

- (1.88)  ff(@) +f(2) = m+(f(0)—w)~f(0>N”(f(0)—w)+wN(f(0)—w)

iE Z=ff@)+ @=ff'(@) =g+ (ff@) ~a) = 1. 24w+ (f(0) ~a) =th,

= N(£(0) ~2) +p NS (0) =2) =l (f (0) ~a) + (£ (0)

+(w-f(O)))N(w~f(0))Nf‘(f(O)—w) wN(f<0)—w)
+f<0)N”<f<0)-w) 4. S
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(1.54) fft (@) Nf* () =aNf* (2),

i # = (@41 @ ))Nf* () = <14 ff (@) Nf¥ (@) = za
(1.55) (f(0) =) Nf* () =0,

. E=<1.58 (fO)=fff @) Nf" (@) =<{f %Tm'@ONf"(m) =0,
1.56) - . fC@Nfr(2) =0,

E Za=<1-54>f"(ff‘(w))Nf“<w)=<1-41>ON * (@) =0,
(1.57) ff (@) Nf¥ () =aNf" (2). |

E A=<L.551.56) e+ (£ (0) =) = f* (@) INF" (@) = {L.53)Z.

(1.58) Ff@Nf*(@N(f(©) +a)=aN "(w)N(f(O)—w) (i (1.53)48).
1.59) fr@NfC@N(FO)=a)=0, |
E = G138y £ @) N1 @) (£(0) =) =<L.42)0,

1.60)  FF@NFC@N(F©) =) =aNf* @) N (f(0)~a).

i #2 = (L. A44Y (o+ £ (@) N @) N (F (0) =) =<L.50 4.

(1.61) ' F @) Nfr (@) =f (@ Nf" (@),

JE £ =B (@) Nf" (@) =fH (@) Nf7 (x) = 71’:‘
.(1-62) fT (@) Nf« (@) N (f(0)=~x) =0, :
iE - A= 58>f"(ff‘(¢))Nf"(w)N (f(0) ~2) =<L. 42>0
(@1 63) o Nf"(w)N”f"(w)N(f(O)—w) =0, ‘
ik

 E=CL.6DN, "(w)N”f"(w)N(f(O)—w>N[f“(w)Nf"(w)N(f(0)—w)]
= N () N3f* () N (F (0) ~2) Nf* () =0. -
. 64) ft(w)N"f[’(a;)N(f(O) a:) Sf‘(m)N”f"(w)N(f(O)——m)
ik
=B F(fS <w> +f" <w>>N=*f" (w)N(f(O)—w)
A (w))+SDf"(w))N"f"(w)N(f(0)—-w)
=2 LASf @ N @N (O = =f.
a6  NE@QNGFO)=a)- = Nf¢(@) N (f0) = ca)
(H(0.157), (1.56), (1.62)78).
=X HES—TER A@MB@EEER - | o
A(Sz) N2A(S%) = (SA (%)) N2A(Sw), B(Sw) N24 (Sw) B(@) N4 (Sa:),
M A@ % B@) R LT,
EAE i A(S2) N?4(2) = (DA () N?A(2), B(Sw) N*A(z) =B(2) N*A(a), W %
A@WM B@RETFIHN.
RIE6 mmﬂm&ﬂf(@m@zm&f%w)%ﬂfssm 9&&%1%@@&]‘"(@)
ﬁ?ﬁzﬁ@ﬁf‘(@%’ﬂzﬁm
SN TENRER, SUEFIUASR.
(1.66) F(Sz) N*f« <Sw> = (@) N”f" <Sw>
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" T
2 =<1 29> [F(2) +- N (f (Sf(®)) ++5) ] N (S) -
— (@) N5 (82) + N2F* (82) N (£ (Sf(2) ) +S) |
= 0.05Y % N2 (F(SF@))) N () = CLATYE + NN (+5) = 75 101
(1.67) fWMW%)W@WW@ R
ik
= SDf('(Sw)Naf"(Sa;) SD(Sa;—ff‘(Sa;))Ngf"(Sm) _ L
=8 (2= £1(82)) N*f* (S5) =<1.66%8 (o = £ (2)) N2 (Sa) = i,
(1.68)- fWMW@DNMW@(Mw%) |
16 FEDNT ) ~F@N ). -
jiE
= (L3O L)+ N @) —w)JN”f"(w) 7E+N2f"(fv)N(ff‘ @0y
—®0®5+vamﬁ@»N«o ﬂ4®E+N%N() #. .
T
B8 Ro@ WEE— m&ﬁ MW@XWU%M%L¥ﬁ%fW@ﬁ
o (@) RFFHE. . n
CE @&X’TEﬁ?ﬁﬁi&ﬂﬁiﬁ?ﬁﬁﬂﬁﬁﬂﬁ@&éﬁﬁﬁ&kﬂwﬁﬂi ﬂﬁkﬁﬁ]’ﬁﬂi%j‘cﬁm@ B
HAIS, RAVERME/ERFR ST RRRE S g R BRI X g (5. BE
MR B g R HE. AR ERART g REWG] () G AR, B
T{dR, WTHABREY 9 5 ¢, Knh%ﬁﬁiﬂfﬁf#mg@%Eﬁﬁﬁj
b%ﬁﬁﬁﬂﬁix%&y%ﬁ%ﬁﬂE%~AW@ .

§2 ﬁi%vﬂt‘tmx

ZFwﬂE'ﬂ—‘/‘Eﬁﬁf(w)B’Jfr'ﬁ EEﬁ%ﬁTJﬁ“A§Fﬁgﬁﬁ%T, {HXTB'E EEYSBU
EHRBHAZROZERRAH, .
%ﬁ%ﬁﬁ%ﬂfﬁi?@ﬁf@) 4%@]@%( g(w) rt1,f(o,) b%&%)&% _
(@) =it [ AT f(t)m%a\%ﬁ i{(tm o UTHBH,
Eﬁ)ﬂ%*q‘, 9 (@) MIERBARS o
: : {g(O) —rﬁ1of(q,) 0;"
9(82) =rtig, £ (i) = g () +Nf (9(a)).
EET —AEEEEf@OWNBESERETEZRERRERY
(2 1) S (@) =rti,[Sz=f(Si)]. i ‘ i P
SUOME CERE f (@) KRN T 8 Se= f(Sz) =0, ﬁ}iﬁtwﬁ%’ﬂ?w IJ"FM\E?EE'E‘ Sw—
J(St)=0 E@%/J\ t 18,
HK, B §18 (1.05) &1, So=f(Sf' () =0, H.f‘(w) <, ﬁ&%ﬂf‘(w) %:rw I
Sz~ fSOH ¢ B, FTRAEY f @Rt B,
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J:’; o<f(B, B (1.08) 5, f (@) =0, 8 f (@) BRE/D ¢ TR, '
o= f (DB, f(@) #0, SDf () =f(@), N Se=f(SDf () =N*(f (f'(@) = )
—(1.2450; EISw~f(SDf(@))>0; Xk EH Df (&) Rk So=f (50 My + TN, %
F(2) B R A B £ (o) AN ERR AR ¢ R, IRED (@) B 8 TR L,
E N F(0)=0K, f(@) FTRRMRERAT rta, (RI51p. 1T FRH

- @) =rtam[f @y+z], .
LT, B 2.1 .

EES8 —&ﬁ%ﬁf@ma&gﬁmﬁﬁm%mgmﬁﬁn%

2.2 : . fi@) =rti e f(@)].

i B @) mﬁi%r&ﬁw—f(w) =0, WHE o LITH o=f() Wt TR, FH
§1ARA. 23)%1, f‘(w)%z o uwx w—f(t) m—A : 2‘?}5 il‘Fﬂ@%%fﬁ f‘(w) wﬁw
tEE '
U e<fO)R, B L (L. 15)%1f‘(w) =0, &fﬁ(ww%%d\tzeﬁ, | '

W > (0) i, A >0 B = SDx, H. f(0)~Dz=0, N(a;—f(Df[(a;))) N(SDw—'
 F(Dfi(@))) = N3 (fDf () ~Da) = (1.26)N*0=0, ] w—f(Df‘(w))>0 TR £ (@)
Yae fOMRNt BRE f@mBn). - I

B g (@) BB B ESL, B

EEO HH 9@ HH, Eﬁﬁiﬁaﬁﬁﬁ}%ﬂ’f}ﬁ%«bﬁﬁﬁéd*%

(2.3) ,, ><w) =riifg() s} =

NCR (w)—rta.[g(z)-—x](j]‘—j rta[g(q,)——w])

i E@Q)WETRH, gE‘J%/J\ t AR ERRL T o4, ﬁ(ﬁﬁ%%%}ﬁ%«ﬂt’%i‘%—r{ﬂzmT ﬁEEﬁ, 52;575
HEEBHX—FRAER. S5 2.3) “C_Iﬁl, [51p. 77 q*ﬁ?&ﬂ@‘kﬁé%? 111sz (0 ZRAFXHRBRELETTFo
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. INVERSE F UNCTIONS OF NUMBER THEORETIC
F UNCTIONS (ll)

Mo SHAOKUI SHEN BAIYING
(Nanjmg Umverszty)

ABSTRAOT

In the paperm we deﬁned the weak and the strong Ieft mverse functlons of S and
the weak and the strong right mverse functlons of f. In the present paper we shall
give their deﬁnltlons by means of the prlmltlve recursmn or the 11m1ted mmlmal or
maximal operator. :

The principal results are ‘ . ) -

1. The weak left inverse function f( of a stnct 1ncreas1ng functmn f ma,y be
deﬁned by the primitive recursion

F@O)=0,
{f‘(Sw) = (@) +N(f(Sf‘($)) Sw) _

2. The strong left inverse functlon Jtof a strict mcreasmg function f may by
defined by the primitive recursion

. =0, '
f1(S2). f‘(w)+N(f(fE(w)) w)
For any function f(z), we define :

9(0) =rtiof (4) =0, .

9(82) =rtig, f (¢) =g (2) + Nf (y (w))
We may prove that when f(3)is zero for some 4 from 0 t0 @, rti,f (’b) is the least value
of 4, between 0 and #, for which f () is 2ero, but 1f none of f (O) f (1) -, f(®)is zero
then rti, f (¢) =, o

8. The weak left inverse function St of a strict increasing function f may be
- defined also by the limited minimal operator rti,

S(@) =rti,(Sz~f(S%)),

4. The strong left inverse function f* of a strict increasing function f may be
defiined also by the limited minimal operator rti,

JROESNCENION ‘

5. The weak (strong) right inverse function () of an exhaustive slow increasing
function g may be defined by the minimal (maximal)operator

- P@=rti(g(®)=2a),
(9 (@) =1ta(g(3) +=a) or ¢ (&) =rta(g(3) ~2)),
here rti f(4), rta f(¢)is the least value (the greatest value) of 4 for which f(s) vanishes.



