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MULTIPLICATIVE LATTICE WITH MAXIMAL CONDITION -

X18 BINGZHANG
(Hangzhou University)

ABSTRAO’I‘

Thls paper defines multlphcatlve lattice. The conceptlon of mu1t1plloat1ve lattice
is abstracted from several lattices, which may be composed of ideals of the associative
ring, 'ideals of the non-associative ring, or. ideals of the both non-assooiative and
' non-distributive ring and which ‘may be composed of normal subgroups of the '
- group as well. ‘

' Definition 1. The multiplicative 1att1ce Lisa 1att1ce with followmg oonthmnS _

" 1. L is complemented and Dedekind’s, the least upper bound of L equals 1 and
" the greatest lower bound of L equals 0, :

2. The multlpheatlon 1s closed and ab<<ab, Where ad denotes the greatest

lower bound of @ and . :
o 8. a(b +e)= ab+¢w (b+c) ba+ bo where b+-c denotes the least upper bound;
“of b and e. :
Suppose L is mu1t1p110at1ve lattlce with maximal condition, the followmg theorems
- are proved: : : .

Theorem 1. Every eloment @ of L has normal (rlght) third decomposmon that
means every element is the 1nter_sect10n of finite number of (right) third elements, ’
whose (right) third roots are different from each other and if d TiN- ﬂ'T =T -
N T, are two different normal (right) third decomposition of @, then ‘m=n and their
third roots are equal correspondingly by rearranging properly

Theorem 2 If Aisan element of I and has property that 02<A=>0<A then .

"4 is the intersection of ﬁnlte number of prime elements.
Theorem 3. Every element of L has pr1mary deoomposmon if and only if L
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satisfies Artin-Rees condition..
‘ Definition 2. u is called a solvable radmal of the multlphoatwe lattice with
maximal condition if u is the least upper bound of the subset of L whose every element
o satisfies that there exists a group of positive integers my, «=-, m, such that X =
0, - ‘
Theorem 4. u is an mterseotmn of finite number of prime elements.

Theorem 6. If Lis sem1-s1mple i.e. O=u= ﬂ P;, and if P+ P;=1 (q,aé j) and

1.1=1, then 1 is the direct sum in R;, ---, R,, where
-R.-=P1ﬂ"°ﬂPi-1ﬂP;+1ﬂ"'ﬂPn.



