


No. 1 Hu, K. ADJACENT COEFFICIENTS OF UNIVALENT FUNCTIONS 39

‘We have the following lemma.,
Lemma 1 ™,
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where ¢ 38 the Euler constant.
Lemma 2

o+p™ 1,
1Bl <7 G oxp g (1=~ |
Proof Let a:o—O m,,-=kp""‘(k =1,2, -, n), yy=n—am. Then

n—l T

-2 {"21 ka.k“n—k'i' Z yn—nlgn—kam }

By kﬁk—zlazﬁk-u max[f @ |= [ FO| and Sohwa,rz s 1nequa,hty we have
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It follows from (5) that
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To estimate the second term of (8) let p=e~*/* AE 0,1), n=2, 3.... We see
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from Cauchy mequahty we deduce™
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quality (7) follows from (10), (12) and (8).
Lemma 8. If [@n1]|>0, and p2=e_7,}f_1, then
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Proof Application of L. de Branges theorem™ gives |
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us we obtain
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bstitution of (6) into (16) oompletes the proof of (13)
2. Proof. of Theorem,
@iven a functlon FER, congider the tollowmg identity
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Betting p= exp.(_—— T ]é’m > agid“perform.igg some si_n;ple oomputaj;ic_)p we -eonolude that
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| Guss| — 7 aa] | <G‘exp<—' . 13n)<‘2.79375.
Thus dy= |G| — |a,.|>|a,.+1| 1|a,,|>»—2l79375.
The lower bound of d, is shown. SRR

- To establish the upper kound we consider fwo cages.

(1) |an41|<0.6685 (n+1). Take p=exp (_E_\%——I——IT> and use (17) to d_e&uce
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(i) |@n41]=0.6685 (n+1). Uss of (6) and (18) gives
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Setting p’=exp(— %), | Gny1| =y (n+1) (0.6685<y<1) |, we conclude fror

that ‘
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=G4 (y) <G4 (0. 6685) <3.26.
The proof of Therem is complete.
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